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This essay begins by covering some old ground on the peculiari-

ties of material implication. Of course I hope to leave the reader with

what may be some memorable impressions of those shortcomings.

But the purpose for this is mainly to lay bare a consequence of mate- -

rial implication on the old controversy over external and internal re-
lations, its bearing on McTaggart’s concepts of implication and rela-
tions and to correct one of Broad’s misleading accounts of the latter.

There is little doubt that McTaggart was aware ‘of the work on

the logic of relations that was greatly advanced in the latter half of .

the nineteenth century and continued into our own time." His resis-

tance to Bradley’s monism, and his support for the existence of rela- . -

tions is clear in his essay “The Further Determination of the Abso-

lute” of 1893, the same year that Bradley published Appearance and

Reality. These two observations I take as basic presuppositions of
my thesis. I further take them to show that McTaggart was unwilling
to backtrack to the subject/predicate logic to which idealists are com-
monly assumed, rightly or wrongly, to be dogmatically devoted.

However, this should not be taken to mean that he adopts whole-
sale all that is advanced in these new logical doctrines. The most
important exception which McTaggart takes is in regard to the na-
ture of implication which he refuses to reduce to the truth-functional
relation of material implication Russell used in Principia
Mathematica. This is because implication is (1) essential to his theo-
ries of determining correspondence and intrinsic determination and
(2) bears on the question of whether relations are internal or exter-
nal.

Material implication is truth-functionally defined such that for
any two statement so related, it is false that the first state statement is
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true and the second statement is false. Another way this is expressed
is that either the first statement is false or the second is true. These
may be more clearly seen when put symbolically as {-(p . - q)} and
{-p v q} respectively. That this is intended as a definition of implica-
tion is clear from Russell’s opening remarks on thc nature of mate-
rial implication in Principia Mathematica.

It is in fact a theory of how one proposition may be inferred
from another. Now in order that one proposition may be in-
ferred from another, it is necessary that the two should have
that relation which makes the one a consequence of the other.
When a proposition q is a consequence of a proposition p, we
say that p implies q.2

This is followed by an analysis of and justification for adopting
material implication in place of any other sense of implication which,
as Russell repeats from an earlier essay, is “very much more conve-
nient than any of its rivals.”® Russell’s case rests at bottom on the
fact that it preserves one main condition of implication that allows
the possibility of proofs; it does not allow a false proposition to fol-
low validly from a true proposition. Again, in Russell’s words, “what
is implied by a true proposition is true.” However, were this the only
characteristic of material implication there would hardly be an issue.
After all, this feature is common to every notion of implication. No
sense of implication allows that a false consequent follows from a
true antecedent. It would be revealing, however, for us to examine
how well Russell’s notion of material implication squares with his
opening statements on the relation of implication cited above.

As is well-known, material implication brought with it its share
of problems and controversy. More than can be summarized here has
been written on it; the most important and familiar problems are those
referred to as the paradoxes of material implication. These derive
from its truth-functional definition which permits a false proposition
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to “imply” any proposition; (true or false).” According to this defini-
tion of implication, “Tolkien is an oriental author implies that he is
the author of "The Lord of the Rings,” and “Tolkien is a British au-
thor implies that he is the author of The Lord of the Rings” are both
legitimate implicational statements. This is so, even though the first
statement has a false antecedent clause. Both compound statements
are considered true on the basis that statements of material implica-
tion are false only when the antecedent is true but the consequent is
false. :
The peculiarity, here, consists in the fact that whether Tolkien is
oriental.or British is irrelevant to and does not imply in any ordinary
sense that he wrote The Lord of the Rings. Even from the proposition
that Tolkien is British it can not be inferred that he wrote The Lord of
the Rings, even though both propositions are in fact true. Such a
linkage between irrelevant terms is hardly what is ordinarily meant
by implication. Yet, such a linkage is precisely what is permitted to

pass as a relation of implication. This is due to the fact that all that.

matters, in Russell’s view, is that the consequent be true. So long as
the compound proposition does not link a true antecedent with a false
consequent it is to be counted as implicational. If there is any rela-
tion here, it is not between the propositions or their meanings, but
only between their truth values. _

‘Other unusual properties and problems could be mentioned here.
Two especially lucid discussions of these problems occur in Brand
Blanshard’s Reason and Analysis, ® and in the Symbolic Logic of
Lewis and Langford.” But these need not detain us. My purpose, af-
ter all, is not to banish material implication, but only to show that it
is not an adequate substitute for what is usually meant by “implica-
tion” and thereby leave room for McTaggart’s concept. It is enough,
perhaps, to see the discrepancy between Russell’s opening statement
in Principia as to what is expected of the relation of implication and
the results of taking material implication as an adequate substitute, a
discrepancy that Moore described as “an enormous ‘howler’.” This
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alone, however, does not supply reasons for rejecting material impli-
cation; for material implication preserves one key condition of all
implicational relations.” But, by the same token, material implica-
tion offers no grounds for abandoning the more common notion of
implication adopted by McTaggart.

The relation of implication, according to McTaggart, is “an inde-
finable relation between propositions.”'® It is not concerned merely
with a set of possible combinations of truth values, and therefore is
not further reducible to either a form of conjunction or disjunction as
in the case of material implication. He describes implication in terms
of certain conditions which preserve modus ponens and modus tollens,
two fundamental forms of inference. This is brought out in the pas-
sage below:

P implies Q when (1) if I know that the relation holds be-
tween P and Q, and know P to be true, I am justified by this
knowledge alone in asserting Q to be true, and when (2) if I
know that the relation holds between P and Q, and know Q to
be false, I am justified by this knowledge alone in asserting
that P is false. From this, of course, follows the proposition
that Q must be true or P false.!!

More may be gathered from a key remark McTaggart makes about
his method. But in order to appreciate the salience of that remark, it
will be worthwhile to examine the statement above. At first, we might
fault McTaggart for not explaining further. Indeed, Broad complains
that McTaggart’s statements given above are “neither clear nor satis-
factory.”'? We might readily agree, if McTaggart is taken to be defin-
ing implication. Also, at first glance, McTaggart’s account doesn’t
seem sufficient to distinguish his view from Russell’s on the nature
of implication. But these faults can be remedied.

Let us begin by stressing the key point of Broad’s complaint. He
admits that McTaggart never accepted Russell’s reduction of impli-
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cation to material implication. (This much can be taken for granted
given the aims of McTaggart’s metaphysics.) However, Broad holds
that McTaggart does not make this clear. According to Broad, entail-
ment is what McTaggart has in mind in his discussion of implica-
tion.'* This is a welcome change of terminology; for “entailment”
carries the sense that P entails Q if and only if P is inconsistent with
not-Q. Thus, for example, “the ball is red but it is not colored” is
inconsistent.

Now, Broad’s clarification is helpful. But he is mistaken to ac-
cuse McTaggart of having neglected this sense of entailment. For it
is precisely this sense to which McTaggart appeals in describing his
method. His way of stating the relation is very explicit; i.e., that “there
is a contradiction between asserting the first [characteristic] to be
true and denying the second [characteristic] to be true.”"* Thus, tak-
ing this passage together with the passage on implication we get the
sense of entailment that Broad insists on. :

Along these lines, the difference between McTaggart’s and
Russell’s conceptions of implication becomes obvious. That there is
an inconsistency between the affirmation of one statement and the
denial of another is to state a much stronger relation between the two
than merely that it is not the case that P and not-Q." To suggest
otherwise would be to say: (1) As a matter of fact it so happens that it
in not true that the ball is red but it is not colored.' This interpreta-
tion fails to convey the full force of the statement which is: (2) It
could not be true that the ball is red but not colored. Of course, line
(1 follows from line (2), but not the reverse. Thus, if P is inconsis-
tent with not-Q, it follows that not P and not-Q, i.e., {-(p -g)}. If all
that is known is not P and not-Q, it doesn’t follow that P is inconsis-
tent with not-Q. It is in this sense that the relation described by
McTaggart is stronger than material implication.

So far, our discussion of implication has concentrated on the
purely logical issue of the difference between Russell’s and
McTaggart’s respective notions of implication. If T may sum up the
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results of the foregoing in a single phrase, it is that the two senses of
implication are compatible but not substitutabie. Russell’s is obvi-
ously the wider but weaker sense attempting to define implication in
terms of only one of its conditions. McTaggart’s is the narrower and
stronger sense of entailment, requiring not merely the appropriate
combinations of truth-values, but also the condition of consistency
between the meaning of related propositions, a condition based on
the meaning of the related terms.!” This difference between the two
conceptions of implication has important consequences, being at the
root of the distinction between internal and external relations, and is
critical to understanding McTaggart’s theory of relations. To show
these connections, a brief but explicit statement of these consequences
should be given.

The importance of the difference between material implication
and entailment consists in the following: An analysis of two (or more)
propositions according to the condition of material implication rep-
resents the relation between the propositions in a way that favors the
view that the terms described by the propositions are externally re-
lated; i.e., the presence or absence of the relation is of no conse-
quence to the terms related. In the case of entailment, the relation
between the terms described in the propositions is internal, or more
properly intrinsic. As we saw above, according to Russell’s view, the
meaning and even the actual truth or falsehood of two (or more)
propositions is irrelevant to their being related by material implica-
tion, as long as it is not the case that the antecedent is true and the
consequent false. Thus, the propositions are independent of each other
as well as of the relation. These are precisely the features of material
implication that are reflected in the theory of external relations.’
Thus, having taken material implication as an adequate substitute for
the more common conception, it is not surprising to find Russell fa-
voring the doctrine of external relations. :

On the entailment view accepted by McTaggart, the meanings of
the related terms of the propositions and the relation of consistency
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between them are not independent of each other. In regard to the
theory of internal relations, it is this feature of mutual dependency
between the propositions and the relation between them from which
the theory derives its support. Thus, having accepted this view of
implication, McTaggart’s arguing in favor of internal relations is to
be expected. But how does McTaggart make use of entailment in his
theory of relations? To this question, we nOW turn.

The most conspicuous use of relations in McTaggart’s metaphys-
ics is in his theory of Determining Correspondence, which relations
consist of a one/one correspondence and the relation of intrinsic de-
termination. The function of correspondence is twofold: (Hitisa
relation such that the parts of substances sequent in a series corre-
spond one/one with the parts of precedent substances, and (2) in some
cases there is a cross-correspondence (again, one/one) of a part of
one substance to that of another. Considered apart from the other
conditions of Determining Correspondence, the one/one correspon-
dence does not in itself function as a relation of intrinsic determina-
tion whereby a unique description of one substance determines (at
Jeast part of) a unique description of another. Rather, the correspon-
dence amounts to a mere pairing of an individual substance qua indi-
vidual with another individual substance guad individual. In other
words, it no doubt is the case that the two substances in question are
more fully and rigorously related, but they are at least paired one/one.

Onp the other hand, intrinsic determination is not a mere pairing
of substances insofar as they are individual; it is a relation between
qualities. In the case of two substances, intrinsic determination isa
relation between the unique descriptions of each; i.e., it is a relation
such that the characteristics of one substance are a condition for (some
of) the characteristics of another substance. For example, take two
substances, X and Y, where X and Y are father and son: X’s having
the quality of being a father is the condition of Y’s having the quality
of being a son. Since intrinsic determination is modeled on entail-
ment, the descriptions of two substances are related by intrinsic de-
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tenpmation when one substance having a certain quality is in
pa?lble with.the other substance lacking a certain qualityyA ainC?iI’r’l“
being a son is inconsistent with it being not the case that.sofne (;th ;
substance, X, is a father. Of course, it is also true in the case of o: .
sqbstaqce zltlone that two of its qualities can be related by intrinsii
determination, e.g., X’s being a father is inconsistent with X’s bein
not male. Much of this should be familiar. I wish to emphasize th tg
as characterized above, intrinsic determination conforms to the o
tailment notion of an internal relation; i.e., if two terms, P and Q o
Felated such that if P is inconsistent with not-Q then’P and o
internally related. , n e
IF is worthwhile to note that this is one conception of internal
relations accepted by Moore in his famous paper,' and even acc rlr:lii
by .ther philosophers who are commonly regz;rded as bein 2112 i
anti-idealistic persuasion.” To be sure, neither Moore nor ang of ;ﬂ
f)th‘ers arc willing to generalize this conception to all relatiOKS' th y
}nmst,. and rightly so, that it is true only of some relations Hov;e o
in taking this line, they are in agreement with McTaggart-who h Vl?:lr,
that only some are relations of intrinsic determination o
o Ab;)vel we may have shown the connection between entailment,
ernal re a'tlons, and McTaggart’s sense of intrinsic determination
Bl:lt what is its ontological import in his system? Within the limits of.
tllns essay, .Ican give only an incomplete answer. Relations of intri
sic determination with the one/one correspondence constitute rnln—
tions of determining correspondence between the members of I'O?l y
of sul.)st.ances; more precisely, a community of perceivers mt%tuallljs
perceiving each other and themselves. Since perceivers and th 4
p‘erceptlons. are the only substances McTaggart recognizes, the '131T
tions enabling groups of substances to constitute a comrr;unit s are
perceptual relations of intersubjectivity and self—consciousnezs arIef
McTaggart’s theory of relations is correct, it provides one of the m t
rigorous theories of intersubjectivity, demonstrating the nec -
Felatlon between self-awareness and awareness of the oth ot this
is a topic for another time. o Butibls
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